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n=1 ùb¢��÷�¡ Âû ý�Â� À��î ´��� .1 ñ��b¨.´¨� ¤�ÂìÂ�Âð� ´¨� ÂþÁ�ù¥�À÷� E À��î ´��� .m∗(E) < ∞ �î üðÄþø ßþ� �� Àª�� R ¥� ý��ä�Þ¹õÂþ¥ E À��î­Âê .2 ñ��b¨¥�� ùb¥�� üû��µõ ý¢�Àã� á�Þµ�� �î ý¤�Ï Àª�� ¢���õ R ¥� U ¥�� �b ä�Þ¹õÂþ¥ ,ǫ > 0 Âû ý�Â� Âð� ÍÖê ø.m∗(E △ U) < ǫ ø ´¨� ��¹õ ø¢��ø¢� � E ¥� Â þÁ �ù¥�À ÷� â ��� � ¥� ý�� ó� ± ÷¢ �¤ (fn) ø Àª� � R ¥� Â þÁ �ù¥�À ÷� ý�� ä� Þ¹ õÂ þ¥ E À � � î ­Â ê .3 ñ��b¨
(fn) ¥� (fnk

) �b ó�±÷¢Âþ¥ À��î ´��� .E ýø¤ ù¥�À÷� ¤¢ lim
n→∞

fn = f �î ý¤�Ï ÀþÂ�Ú� ÂÑ÷ ¤¢ R ∪ {±∞}.�� �Þû �f±þÂÖ� E ýø¤ ¤�ø�ÎÖ÷ lim
k→∞

fnk
= f �î ¢¤�¢ ¢��ø.À��î ´��� �¤ ö� ø À�Æþ��� �¤ Ù±ó üÎÜÆ� üþ�ÂÚÞû �b �Ìì �¤�¬ .4 ñ��b¨À��î ´��� .E ⊆

{

x ∈ [0,1] | ´¨� ¢���õ f ′(x)
} ø Àª�� ù��¿ó¢ üã��� f : [0,1] −→ R À��î­Âê .5 ñ��b¨.´¨� ÂÔ¬ ùb¥�À÷� �� ÂþÁ�ù¥�À÷� ��÷ f(E) ù�Ú÷� ,Àª�� ÂÔ¬ ùb¥�À÷� �� ÂþÁ�ù¥�À÷� E Âð�

x Âð� ø f(x) = 0 ù�Ú÷� ,Àª�� �þ�ð ý¢Àä x Âð� :¢�ªüõ ÓþÂã� ß��� f : [0,1] −→ R â��� À��î ­Âê .6 ñ��b¨Çþ�Þ÷ ¤¢ ��Þõ ¥� Àã� ÂÔ¬�÷ ¢Àä ß�óøa� ,a ,�¹�þ� ¤¢) f(x) = 1/(a2 + a) ù�Ú÷� ,Àª�� Ù�ð ý¢Àä.À��î �±¨�½õ �¤ ∫
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f ñ�ÂÚµ÷� Û¬�� ø ´¨� ù¢�¨ üã��� f À��î ´��� .(´¨� ù¢ ý��±õ ¤¢ x ý¤�Èä�ýø¤ ¤�ø�ÎÖ÷ lim
n→∞

fn = f ø Àª�� R �� R ¥� üÔ�õ� ÷ ø Â þÁ�ù¥�À÷� â��� � ¥� ý��ó�± ÷¢ (fn) À��î­Âê .7 ñ��b¨Âû ý�Â� ù�Ú÷� , lim
n→∞
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f ø Àª�� Â þÁ�ñ�ÂÚµ÷� R ýø¤ f Âð� À��î ´�� � .�� �Þû �f ± þÂÖ � R. lim
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f ,R ¥� E ÂþÁ�ù¥�À÷� �bä�Þ¹õÂþ¥�¤�¬ �� fn �bÎ��® ,n ∈ N Âû ý�Â� ö� ¤¢ �î Àª�� R �� (0,∞) ¥� â���� ¥� ý��ó�±÷¢ (fn) À��î­Âê .8 ñ��b¨.À��î �±¨�½õ �¤ lim
n→∞
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fn À� Û¬�� .´¨� fn(x) = x−
1
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−n,ùÂÞ÷ 20 :2 ñ��b¨ ,ùÂÞ÷ 10 ��Àî Âû :8 ,6 ,4 ,3 ,1 ý�ûñ��b¨ .ùÂÞ÷ âþ¥��.ùÂÞ÷ 15 ��Àî Âû :7 ,5 ý�ûñ��b¨ùÂÞ÷ 100 :á�Þ¹õ


